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TAZH: I'" TENIKOY AYKEIOY
ITPOXANATOAIZEMOX: OETIKQN XITOYAQN / ZITOYAQN
OIKONOMIAX & ITAHPO®OPIKHX
MAGHMA: MAGOGHMATIKA
Hpepounvia: Xapparto 11 Maiov 2024
Awpkewa E€étaong: 3 mpeg
EK®OQNHXEIX
OEMA A
Al. 'Eocto po cvvapton f mapayoyiown ot éva didotnua (o,p),pe eEaipeon icwg
éva onpeio Tov X,oto omoio opmg N f elvar cuveyng . No anodeibete 6TL av
f'(x) Swmpel mpoonuo oo (0,x,)U(x,,B),101e T0 f(X,) Sev eivar tomiko
akpotato g f ko n f eivar yvnoiog povotovn oto (a,B)
Movéoeg 7
A2. Tiovoudlovpe apykny cvuvaptnon N mapayovcsa og covaptong f 1 onoia
elval optopévn o€ éva dtaotnua A;
Movéosec 3
A3.  XmVv mopokdT® epMOINON Vo EMALEETE TNV OMCTH  OTAVTNON Kol VO TNV
LETOQEPETE GTO TETPAOLO GOC.
Vi
To euPaddv Tov YPAUUOGKIAGUEVOL XOPIov N
TOV duTAavoD oYNUOTOg Elval 160 pe :
-
) [ fodx, ) jjf(x)dx v) j_‘)sf(x)dx— [ f(x)dx 3) J'()_3f(x)dx+ [ F(x)dx

Movaoec 5

TA OEMATA ITPOOPIZONTAI I'TA AITIOKAEIXTIKH XPHXH THEX ®PONTIZTHPIAKHY MONAAAZX XEAIAA: 1 ATIO 4
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B" ®PAXH

A4.

Noa yopoakmpicete TIc TPOTAGELS TOL AKOAOLOOVV, YPAPOVTAC GTO TETPAOLO GOG
dimha ot0 yphupo wov aviiotolyel oe kdBe mpdtaon T AEEN X@oTld, av 1
npdTaomn eival cwotn, 1| AdBog, av 1 Tpdtacn ival AavOacuévn

(@) Avlimf(x)=(eR tote n evbeia y=0 Aéyetar opilidvtia acdumT@T TG
YpPaeIkN¢ mapdotaong e f oto +oo
(B) Av pia cvuvdptnon dev elval Tapaymyioun Tote 0V eivorn KoL GUVEXTG.

(y) Orovvaptioelg fog,gof av opilovion tdte dev givar voypemTIKA {0EG.

(8) T omowadfimote cuveyh cvvapon f:[a,p] > R oxdel  cuvemaywyn

B
" Av f(X) 20 1o kG0e x e[a,B] TéTE If(x)dx>0 "

(¢) Ioyderot: lim (xnulj =1
X—>+0 X

Movaoec 10

OEMA B

Aivovtat ot cuvaptioetg h(x)= xil’x =1 kot g(x)=€*,xeR

B1.

B2.

B3.

No amodei&ete 6TL 1 6VVOeon g g pe v h etvail n cuvaptnon

f(X):ex—_l,X?&O

Movaoeg 5

(i) Na Bpeite to ovvoro tudv ¢ T

(ii) Na amodeitete 01ty kd0e a>1 vrdpyer &e(1,a) dote :

(F (@)= F()(e*=1) =(1-a)¢f

Movaoeg (6+3)

No arodeiéete 0un f aviiotpéeeton kou va Bpeite my
Movaoeg 7

TA OEMATA ITPOOPIZONTAI I'TA AITIOKAEIXTIKH XPHXH THEX ®PONTIZTHPIAKHY MONAAAZX XEAIAA: 2 ATIO 4
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B4.  No vrmohoyicete 10 0pro lim {f (x)m{iﬂ

f(x)

OEMAT

Movaoec 4

Atvetarn ovvapmon f:(0,40) >R pe f(x)=2xInx+x*-4x-3+2limf (x)

I'l.

I2.

I3.

4.

No deigete 6 limf (x)=3

Movaoec 4

Na amodeitete 6t 1 f eivar yvnoiong eBivovoa oto ddompa A, =(0,1] ko

ywneing avéovca 6to ddomua A, =[1,+w)

Movaoec 6

(i) Na anodeifete 0t o1 cvvaptioels g(x)=xInx kat h(x):—%x2+2x—g

EYOLV €va LOVO KOO GMUELD0 GTO OTTO10 £YOVV KOWVT] EPATTOUEV.

Movaoeg 5

(i) No Bpeite 10 guPfadov tov ywpiov mOL TEPIKAEIETOL OMO TIG YPUPIKES

napootaoelg tov Cj,C, kol v gubeio X =2

Movaoeg 5

Av Y10 Tovg Oetikodg apiOpovg a,f 1oyvet In (az“ -[52‘3)+ (a— 2)2 +(B —2)2 =2

Na dei&ete 6t gubela y=ox+B—5 eivor acHUTTOTN TG GLVAPTNONG

o(x)= L") 10 4o

Movadeg 5

TA OEMATA ITPOOPIZONTAI I'TA AITIOKAEIXTIKH XPHXH THEX ®PONTIZTHPIAKHY MONAAAZX

XEAIAA: 3 ATIO 4
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OEMA A
Atvovtal o1 GuvapTNoELS !

f:R>R pe f(x)=e"" kot g:R—>R pe g(x)=-x*-x
omov ke R kot woydel OtL: f(X)—g(X)=(x+2)x+e", yia kGbe xeR

Al. No anodei&ete 6t k=0

Movaoeg 6

A2. Na anodeiéete 6011 | epamtopévn g f oto onueio A(O,f (O)) EQAMTETON KOl

omv C,

Av v tovg apBpotg a,B woyder ot —l<a<pf<0

A3. Na dciéete 6T 1 e&icmon ﬁ%dt} X3 = (eX —e)(g((x)—f(B))

éxet povadikn piCa oto ddompa (0,1)

o g(f(a))mux
A4. Na Bpeite to 6p1o lemm

Movaoec 6

Movéoeg 7

Movaoeg 6

TA OEMATA ITPOOPIZONTAI I'TA AITIOKAEIXTIKH XPHXH THEX ®PONTIZTHPIAKHY MONAAAZX

XEAIAA: 4 ATIO 4




