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EKOQNHXEIX
OEMA A
Al. 'Eoto 1 cuvéptnon f (X) = g@x .Na amodeitete oin T givon nopayoyicn oto
1 ' 1
R, =R—-{x/ovvx =0} pe f'(x)= dntadn (epx) = :
' { fue 1'(x) o fi (s0%) GUV X
Movaoeg 6

A2. Aivetal o TopaKAT® 1GYLPICUOC:

Av yu dvo ovvaptioerg f,0:R—->R wxi)Suf(X)-g(X):O Y10, KGO
xeR

tote:f (X) =0 yia ke X €R 1 g(X)=0 yia kébe x e R
(o) Na yapaktnpicete tov mapandve woyvptopnd og AAHOH 1 YEY AH.

(B) Na dikooAoyfcete TV omdvinoy| 6og 6To () EPADTNLLOL.
Movaéosec 4

A3. Nao ypdwyete 010 1€TPAO10 GaG dimAa amd Tov avticTor o apldud 1o Ypauuo

OV AVTIGTOLYEL OTNV CMOTY| amdvInon.
1. H avtioctpoen g cuvdaptnong f (X) =% +2,xeR siva:

(@ f*(x)=In(x-2)+2,x>2
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@) fH(X)=In(x+2)+2,x>-2
) fH(x)=In(x+2)-2,x>-2

2. H mapdywyog e cvvaptmong f (X) =3 wovta He

(@) 2x-3° (B) x2-3* (1) 2x-3% -In3

3. Av wa ovvaptnon T eivar cvveyrc oto [—1,1] ue f (—1) =3 ko f (l) =4

Tote umopovpe va woyvpiotovpe pe PePardtnta oti:
(o) H péyrom tipn g 1o 3 ko ehdyotn 1o 4.
(B) H e&icwon f (X) =T £yel po TovAdyiotov pila 6To (—1, 1) :

(y) H T dwmpet mpdonuo oto [—1, 1].
Movéoec 9

Ad. No yopaxtnpicere T1g TPOTAGELS TOV AKOAOVOOVV, YPAPOVTOS GTO TETPAOIO GOLG
dimha oto ypappa wov avriotolyel og kdbe mpdtacn  AEéEn TQETO, av
npotaon eival coot 1 AAGOZ, av 1 Tpdtaot eivar AavOacuévn.

f(X,+h)—F(x,)

1. Av 1o lim

vrdpyel Kal gival Tpoaypatikdg aplipog tote
h—0

avtd 1wovtat pe to F'(X,).

2. Av n ouwépmon T eivar mapayoyiown oto X, kat n ocvvaptmon ¢
nopaywyiown oto f (XO) 10te ko M ovvapmmon fog sivar mhvro
TaPAyOYion 610 X, .

3. Avnovvépmon f: A — R avuistpéeetor 1o1e 10y0et f (f’l(x)) =X, XeA.

4. Av o o cvuvaptnon T pe nedio opiopod A woyder f (X) <f (XO) Yo k6O
X €A pe X, € Atote Mépe 6t ot 0éon X, n T napovoidler péyioto pe
mun f (XO) .

Movaoes 6

TA OEMATA ITIPOOPIZONTAI I'TA AITOKAEIXTIKH XPHXH THX ®PONTIZXTHPIAKHX MONAAAX XEAIAA: 2 ATIO 5




E . OMOXIIONAIA EKITAIAEYTIKQN ®PONTIETQN EAAAAOX (O.E.®.E.) - ETANAAHIITIKA OEMATA

il B
%% EHANAAHHTg@Kg }(IDEMATA 2018 E_3.M)300(s)
OEMA B
(2
X“+x-12 X %3
X-3

Atvovtor ) cvveyfig ouvépmon F:R > R, pe: f (X) =

(k?—2k+8, x=3

KoM ovvéptnon h (X) =X+ x*Pue A, = [0,1] .
B1. Na anodeiéete 61t K =1 wau f (X) =X+4 yuu ke X e R.
Movéoeg 7

B2. No amodei&ete 0Tt opileton n suvéptnon hof ot o tHmog g eivan

g(X) = (h of)(X) = (X + 4)2017 +(X + 4)2019 ue medio oplopon A = [—4,—3],

Movaoeg 6
B3. (o) Na Bpeite to chvoro Tipu®v ™G cvuvaptnong g .
Movaodec 4
(B) No amodeiete Ot1 vAPYEL LOVOIIKO X, € [—4, —3] TETO0 OOTE:
2018 - g(xo) —-2035=0
Movaoec 4
: f(x
B4. Na vroloyicete to Opto  lim L ( ) :
X— —4 g (X)
Movaosec 4
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"Eoto 1 ovveyng ovvaptnon f iR — Ry v onoia ioydovv:
i) f(0)>1

(i) fz(X)—Zf(X):eZX + 28" yiaxébe X € R

I'l. No dciéete 6t T (X) =e" +2,yiakébe X e R.

Movaoeg 7

I'2. &) No Seifete 6T 1 eEicoone™ +4X =L é&yer povadiky pilo oto R yio kb

Tiun g mapouétpov A € R.

B) Na deikete 011 0t cvvoptioelg T (X) =" +2 ko1 (X) =—x*+2

£YOLV LOVO [0, KOV EPOTTOUEV.

I'3. No Adoete Vv avicoon:

f(x*)=f(-x+2)> 4 (g(x)—x) pne xeR

Movaoec 4

Movaoes 6

Movaoec 4

I'4. Avo onueia pe idio teTpunuévn A(X(t),yl(t)) Ko B(X(t),yz(t)) KIvouvToL

OTIC YPAPIKEG TaPuoTAcEeS TV cuvapthoemy T,g avtictoryo. Av n tetunuévn

Toug X owédvetar pe pvOud 1 cm/ sec vo Bpeite ™ Oéon tov onueiov yia Ty

omoia woyvet: Y;(t) =2y, (t)+1 pe t>0.

Movaoec 5

TA OEMATA ITIPOOPIZONTAI I'TA AITOKAEIXTIKH XPHXH THX ®PONTIZXTHPIAKHX MONAAAX

XEAIAA: 4 ATIO 5
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OEMA A

"‘Eoto n molvwvopiky covdptnon TR — R yio v onoia ioydovv:

IimM:Z ko lim wzl
x-1 X -1 x—+0 X< +1

Al. Nao deiéete Ot

(w f(1)=1
@ f'(1)=2
Movdoecd
A2. Na dei&ete 6t cvvaptnon feivon 2% Badpov kat o TOTOC ¢ eivan
f(x)=x*xeR
Movaoecs

A3. Aivetor n mopoyoyioyn cvvaptnong: R — R 1 omoia éxet 1o 1610 ehdyioro e
mv T oy povadikn 0éon X =a, a.>0.
Na Seitete 011 01 ypopikéc mapactdoelg tov cvvapthcenv T,g épovv
ToLVAdYIGTOV éval Koo onueio M (xo,yo) He X, € (O, OL) :

Movaoec8

h)- h
Ad. Av gmmhéov 1oy 0EL: Lirrolg(g(xo)+ )2hg(g(X0) )

=g'(nug(x,))

ue X, € (0, OL) 101€ va deiete 611 N cuvdptnon g’ dev givor avtioTpdyun.

Movaoec 8

TA OEMATA ITIPOOPIZONTAI I'TA AITOKAEIXTIKH XPHXH THX ®PONTIZXTHPIAKHX MONAAAX XEAIAA: 5 ATIO 5
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