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B" ®PAXH

E_3.BMA3T ()

TAZEH: I'" 'ENIKOY AYKEIOY
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Hpuepopnvia: M. Tetaptn 8 Anprriov 2015
Adpkero EEEtaong: 3 opeg
AITANTHXEIX
OEMA A
Al.  Zyohko ceh. 65
A2. Zyohxko ceh. 148
A3. Zyohko ceh. 66
A4. a. AdBog
B. AdBog
Y. Z®0TO
0. AdBog
e. AdBog
OEMA B
Bl. XZbdpoeova pe to oynua

Fi%
100+

0 4 8> 12 16 20
X0OVIX TTQOVTINQETIAL
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ta Tptyova ABA ko AT'E eivan dpowa yari eivan opfoydvia ko €xovv
v yovia A kown. Eropévemg, o1 mhevpég Toug eivon avdloyeg. Aniadn,

AB_AA_BA
Al AE TE
Emopévac,
AB AA 0-8 0—-8

—= <:>l <:>—1:—<:>5—8:1<:>5:9
AT AE 4 12-8 4 4

log Tpomog:

A7 0 mOpadve TOAYY®VO 0BPOIGTIKMOV GYETIKMY GUYVOTTMOV EML

TO1G EKATO EXOVUE OTL:
f,%=15
f,% = F,%— 15
f.% = F,%- F,%
f,%=75-F, %
f.%=100- 75= 2¢
Opnamg,
f,%=3f, %< F, % 15= § 75 F, %
& F,%-15= 225 &, ¥
& F,%=240- F, %( }
Emiong, woydet
AB BA 1 50-F%
AT TE 4 F%-FE%

@

F.%- F,%= 200- &, %=
F,%- 240+ F, %= 200- £ 240 B 9>
4F,%- 240= 200- 960 1B, %>
~8F,%= 440~ 960=>
~8F,%=-520< F, %= 6

Omore, amd v oyéon (1) Exovpue ot
F,%=240- 3 65 240 19 F, %

pA

TA OEMATA ITPOOPIZONTAI I'TA AIIOKAEIXTIKH XPHXH THE ®PPONTIETHPIAKHY MONAAAX

YEAIAA: 2 AIIO 10




E A A A A O I

OMOZXNONAIA

E

NOLZII1LNOGM®O®

OMOZIIONAIA EKITATAEYTIKQN ®PONTIZETQN EAAAAOZX (O.E.®.E.) —EITANAAHIITIKA OEMATA

EHANAAHHT?KA OEMATA 2015 E_3.BMA3I(a)
B ®ATH

O

NOXILAZIVIVUXI

Apa, 01 GYETIKEG GUYVOTNTEG EML TOIG EKOTO ElvaLL:
f,%=15
f,% = 30
f,% = 20
f,%=10
f.%=100- 75= 2¢

20¢ Tpbémoc:

A6 10 TOPATAV® TOAVY®OVO 0OPOICTIKMOV GYETIKMOV GLYVOTNTWOV ETi
101G eK0TO Tapatnpovue 0tt: ;% =15 ko f,% = 25.

I'vopilovpe 0T1 1 01dpecoc ivon 1 T yio v omoia o ToAv 50%twv
TOPOTNPNCEDV Elvanl KPOTEPEG amrd owtv Kot T0 oAy 50% twv
TapoTNPNoE®V Eival peyahbtepeg amd avtnv. Aniadn, 1oyvetl 0Tt

£.9+ 1,9+ f,9-= 50, 15 3, %~ f, % 5
4 4

,%=3f, %
=

3¢ 9%+ 1,%+ f,%-= 50 3¢, %+ f, % 25 5(
4 4

3f, %+ = f, %= 3t
el g
f,%+, ;%= 25

Avvovtag 10 Tapanave cvetnpa tpokvrtel 0t f,% =20 ko f,%=10.
Omnote, f,%=30.
O1 KevTpKEG TIHEG TV KAAGEW®V Elvar

X =2,%=6,X=10x,= 14x,= 1

2VVETMG,
Xpovia Tpodnpeciog X f F
0-4 2 0,15 0,15
4-8 6 0,30 0,45
8-12 10 0,20 0,65
12-16 14 0,10 0,75
16— 20 18 0,25 1
TOvoho 7 1
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B ®ATH

B2.

B3.

H péon tiun woovron:

5 5 5
7:EZ)§\4 :Z)gﬁzzxfi =X f+ X+ X f o+ X, f X
Via i-1 i-1

=2-0,15+ 6 0,3 10 0,2 14 041 18 O,
=0,3+18+ 2+ 1,4 45 1

["o v daxvpavon oyvet ot

, 1 —\2 > 2V, > N2

S==3 (=X V=2 (x-X) 2= (x-X)"f

Via i—1 vV =
=(2-10°-0,15+( 6 19°- 0,3( 10 10- 0,2 14 YO0 00 18)10 C
=64-0,15+ 16 0,3 16 04 64 0,
= 64(0,15+ 0,25+ 16 0,3 0).
=64-0,4+ 16 0,+
=80-0,4= 3:

Avtikob16TOVTAG GTOV TUTTO
1)& & Y
s?== V= v/
V{lex | V(ilex j }

32:5{528&3@-?)2
\Y \Y

EXOLLE OTL,

}@3@25280— 100 132= 5288 v= ¢

Ot véhAnAot Tov Exovv TovAdyioTov 5 ¥pdvia Tpodmnpesiog ivon
V, + Vg +V, + Vg
6mov Vv, eivar To TAB0G TV vIEAAMAwY TTov £xovv amd 5-8 ypovia.

Emeion o1 mapatnproelg eivor opotoopeo KatoveuUnUEVES, TOTE:

«—C V2 —>»
B

I
<
_

N
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Eriong,
v,=V-f,=40-0,2= €

v,=Vv-f,=40-0,1= 4
v, =V- f,=40-0,25= 1(

Onodte, V,+Vy+V,+V,=9+8+ 4+ 10= 31

Apa, 3lvrdAiinirotl £xovv TovAdyioTov S ypdvia TpobmnpeGial.

B4. ’'Eyxovpue 6T
v, =v-f,=40-0,15= ¢
v,=v- f,=40.0,30= 17

E@ocov, to enidopa yro ka0e vrdAinio diveton amd v oyéon

y =3 +2,i=12,3,4,

TOTE TO GLVOAIKS KOGTOG AVTNG TS amdPacng Ba eivan

YIVit YN+ YVt YN, T Y Y=

= (3% + 2V, + (K, + DV, +( K+ Qv+ ( X+ Jv,+( 8,4+ 1Dv,

=8:6+22 12 36 & 50 4 64 10 14-evpw

OEMA I
Il Eiven f(x)=x"—(P(A)+P(B))x, xeR.

H f givon mopoyeyioym oto R pe f'(x)=2x-P(A")-P(B).

H epantopévny g oto M (1,f (1)) éxel e&lomon g poperc:
y=Ax+pB,ue A=f'(1)=2-P(A)- P( B)

Apa ey =[2-P(A)-P(B)]| x+p.

Agod M(L f(1)) etvar onpeio mg & xa f(1)=1-P(A)-R(B),

EXOVLE!

1-P(A)-P(B)= 2 K A)- B B+pop=-1
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I2.

Enopévag €y :[2— P(A)- P B)] x-1 (.

Opwg P(A)=1- P( A) xor P(B)=1- A B), ondte mpochétoviag katd

uéan éxovpe 2— P(A)—- P(B)= K A+ R B ondten (1) ypagpetan

e:y=[P(A)+P(B)]x-1

Mo Xx=0¢civor y = [P( A)+P B)] 0- 1=-1, omdte 10 onueio TounC

™G € Ko Tov Y'Y givon to A(O,—l) 101 (OA) = |—ZIJ =1.
y 4

O K

/ *

Eniong yio y = 0 eivon 0= [ P(A)

1
P(A)+P(B)
St A =D apa P(A)> 0kon P(B) > 0, ométe P(A)+P(B)> 0.

+ A B x- 1= x=

Enopnévoc to elo tounc tc € pe tov X'X givan K ; 0
HEVQG TO onu Hng me € W P(A)+P(B)’ ,

1

: OK)=————.

érot (OK) P(A)+P(B)

Eivau

(0kA) =2 1 1, 1

2 OO Ty 2 A RE
<:>P(AuB) (A) P(B)
= P(A)+P(B)- A A~ B= H A+ A B

B)-
< P(ANB)=0
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AoV ta amAd evoeyopeva givon 1oomiBava givon
N(ANB)

N(®)

Onote ta A xou B eivan aovpupipaocta.

P(ANB)=

I'3. Ta A xou B eivon acvpfifacta, ondte

X, =0

X, =P(AuUB)=P(A)+ P( B

X, =P(ANB)=0
x,=P(B-A)=P(B-A A~ B=H B
Xs =P(A-B)=P(A)- P(An B)= A A
Xs =P(Q)=1

X, =P(B)

o Av P(A)S B) EXOVUE

ad
0,0, A.RB.RB.PA PB.

o Av P( A) > P( B) EXOVLE

0,0,AB.RB.RA.PA PB.

& N(ANB)=0ANB=Q

Ye kGbe mepintmon N dduecoc Oa toovton pe v 4" Tapatipnor, ondte

5=P(B)= R(B)=
Onmg

X =

0+0+P(A+HB+RB+[ R A+ R BJ+ 1
7

o8 2PATBTL o6 o7 on A+ 3 R B+ fo

21 7

& 56 21{ 2H A+ 32+ % 56 420 B+ 42

14 1
o P(A)="2 P(A)=-
(A)=24 s p(a)= 1
ot P(AuB)=P(A)+P(B)=%+%=§.
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) B° ®PATH —
o 1 z 8 8 L, ,
4. i. Eivau X :—in i in =7X=7-— =—, omOTE 1 VEQ UECT] TIUN
[g= i1 21 3
elva:
. 8 1
2Xi*Xe g —+Z+P(D) 8 1
v Colste T, 8 Ly
8 2 8 3 2
24 16 3 5
PlN)=—-—-= I=—
(r)=22-2- S p(r)=-
‘Eoto A xou I' acvopBipacta. Téte and tov amhod mpocOetikd vopo
EXOVLE!
P(AUT)=P(A)+P(I)=21+2=2, 22701,
3 6 6 6 6
70 0moio givon aTomo, onote To A ko I dgv eivan acvpPipoacta.

ii. Eivm AnT c A onote P(ANT)<P(A)=

WlkE

Emiong eivou:
P(AUT)=P(A)+P(I')-P(ANT) & P(AUT) :%—P(Aml“)
[oybe ot

P(AuF)Sl@%—P(AmF)Sl@%—lS p(Amr)@_és P(ANT)

Apa %SP(AUF)S

Wl

OEMA A
Al. H feivou mopayoyioun oto (0,+0)wg tpdelg ko covieon
TOPAYOYIGIUOV GUVOPTIGEMV UE
f'(x) =Inx =In(x +1),
H ' eivan tapoywyiciun oto (0,+0) wg cvvheon kar drapopd
TOPAYOYIGILOV GUVOPTIGEMV UE
1

1
.I:HX - -
() X X+1
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A2.

A3.

A4.

Opwe P+ P(2)+P(3)+ .4+P (9= f W+ T (20 7 B .+ f (9
11 1 1 1 1 1 1 9

S T T TR S S S .
2 2 3 3 4 9 10 =~ 10 1

Omnote P(0)+P(1)+P(2)+ ..+P (9= k> CV+1—90= k> C\W= 1—10

Apa CV = 10%.

32— % =—x+11(1)

i=1

Yt2=(X —x+11)-v <

i=1

1
\%

k

10&, &Y 1 1&, Y 1 -
Opog s° == th——(Ztij @szz—th—(—ZtiJ & sP==>17-x
Vi Vi = ViT v

2

ViZ i=1

x>0 __
1 > —1<:>x=10$.

CV=—o ==
10 ‘x‘ 10

Ondte (1) & &+ x—11= C

Apo S+x-11= 0= €+ 10s 12 & s 7 s=-11anop.
o s=1 éyovpe X =10.

AV Y, Y,,..., Y, 0L VEEG Tapatnpioels Tote Y, =X, —2,1=1,2,...v.
Av )_/ Ko S, 1 VEOL HEGT] TN KOl TUTTIKY atOKAGT avTtioTotya, TOTE amd

YVOGTH EQOPLOYN TOV GYOAKOV PiffAiov givon y=Xx—-2=8ku

S=s=1Apa CV'= lil _1 KOl TO TOG0GTO HETAPOANG TOL
y
CV'-CV

ovvtereotn peTaffAnToTNTOG ElVoL T-lOO%: 25%
) 1 v - ) 1 16
==Y (t-xel=—> (1-10f=
Viia 1677

(t,—10) + (t,— 10¥ + ..+ (t,— 10j= 1t
Enopévac yio ke i =1,2,...,1€ 1oyvet:
(t,-10f <16 |t-10< 4o - & t- 1& & & K 1

_ 1 16 16 16
X=—>Yt o> t=16-10c > t= 16(
16 i=1 i=1 i=1
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_ 1 15 1 16 1
X,=—)Yt=—(>t-1.)=—(160-
1 15 — i 15(; i 16) 15( t.LG)

Apa 9=1—15(160— t.)o 15 9= 160 Lo f= 2.

Opwg woyvel 6 <t <14 dpa xapio and TIC TAPATNPNGELS eV UTOPEL VaL

givon 25.
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