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OEMA 1
A. Eoto mo ocvovdpmnon f, mn omoia givon opiopévn o€ €va KAEGTO doTnpo

[a,B]. Av:

e 1 f ovveyngoto [, f] Ko
o f(a)=f(B)
ToTE, Y1 KAOE ap1Opd n petabd tov f (a) xou f (B) vrapyel Evoc, TOVAAYIGTOV
X0 €(a, fB) tétolog, wote f (x9) = 7

MONAAEX 7
[Tote n evbeio x = x; AEYETON KOTOKOPLEN OCVUMTOTY TNG YPOUPIKNG
TOPAGTOONG MG GLVAPTNONG f;

MONAAEZX 4
Na d0oeTe TNV YEOUETPIKN EppVeia Tov Bewpriparoc Tov Rolle.
MONAAEZX 4
Na yopoktnpicere kabepid omd T1IC emdueveg mPOTAcel; G owoty (X) 1
havBaopevn (A).
1. [Mo xéBe pyaodikd apBud z eivan z + Z = 2Re(2).
MONAAEZX 2
2.  Eivau lim e* = 4.
X——00
MONAAEZX 2
3. ['a onotesdnmote cuvaptioelg f: A >R ko g: B >R, av opileton
1 cvvapTNoN 5, totE €€l medio opiopov v Topn A N B.
MONAAEZX 2
4. Av ma ovvdptmon f dev elvar cvveyng oto onueio x, TOL MESIOL
OPIGHOV TNG, TOTE dEV EIVOL TAPAYWYIGIUN GTO Xj.
MONAAEZX 2

5. PR g dx = [fF ) g@1s = [0 f () - g(x)dx, omov
f’, g eivon cvveyeig oto [a, B].
MONAAEE 2



OEMA 2

Atvetoun covapmnon f: R—>IR pe
f(x) = 4x3 + 12Ax* + (A -1Dx, 70 xd0e xelR

omov A€IR m omoia mopovoidlel 6t0 xo=— 1 ko).

a. i. Noa anodeifete 011 A = 1.
MONAAEX 5
ii. Noa Bpeite ta dStaotpoto ota onoia 1 f elvon Kopt 1 KOiAn.
MONAAEX 5
B. Noa Bpeite to 6p1o
lim (x)
x>=3  f(x)
MONAAEZX 5

Y. i. Na Bpeite v apykn g f ™S omoiog 1 Ypopikn TapAoTact SEpyeTon
a6 to onpeio (0, 1).

MONAAEZX 6
ii. Noa vroAoyicete 10 eufadov tov ywpiov mov mepKAeieTol amd TNV
YPAPIKN Tapactacn TG f Kot tov aSova X 'X.
MONAAEZX 4
OEMA 3
‘Eoto wa cvveyng covapmon f: IR— IR yuo v omoia 1oyvet
f (px) + f (ovvx) = 1, 1o ke xelR
a. Noa anodeilete OTL:
V2) 1
i f<7>:? kaw f(O)+f(1) =1
MONAAEZX 4
ii. Yrdpyer xq €[0, 1] tétoto, dote: f(Xg) + X, = 1
MONAAEX 7
B. ‘Eoto, emmhéov, ot f eivon mapoyoyioyn kon f(x) = V2 x — % Y KGOe
xelR

i. Noa Bpeite v [’ (g) Kot va ypyete v e€lomon g EQATTOUEVIG

, o V2
™ Cy ©T0 onpeio ™G Ue TETUNUEV ——.

MONAAEX 6
ii. Noa vroroyicete 10 dp1o:
. fQ@)— f(ovvx)
lim
x—0 nux

MONAAEZX 8



OEMA 4

A.

Na amodeilete 6TLe* — x = 1, yuo kabe xR
[Tote woyver N 6oTTO e — x = 1;
MONAAEX 3

‘Eoto o ovveyg ovvdpmon f:[0,+x) - [0,+x). Ta «dbe x =0

Bewpolpe TO PIyadKo z, pe:
x 1 |Z| x
Z=f ef(t)dt+ixf e/ =gt km —=f [f(®)+etldt + f(a) — 1,
0 0 \/E 0
omov a > 0.

No anodeilete OTL:

Z

o. i. i Re(z) = Im(z) = 0, yia kéOe x = 0.

MONAAEZX §

iii. ef® = f(x) + e*, yio kGBe x > 0.

MONAAEXL 4
B. H f eivar yynoiog advéovoa.

MONAAEX 5
v. H f éyeravtiotpoon ko va PBpeite Tqv avtiotpoen .

MONAAEXL 4
0. Avn f eivon mopaywyiocun oto odotua (0, +), T0TE VIAPYEL EVO,

tovhdyotov, € (0, a) tétoo, wote a f '(§) = 1.
MONAAEYX 4



