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[OJE| B’ ®ATH -
TAZH: B’ ' TENIKOY AYKEIOY
INPOXANATOAIZMOYXY: OETIKOQN XITOYAQN
MAO®HMA: MAO®OHMATIKA

Hpgpopnvia: Teraptn 20 Aznpriiov 2022
Awapkero EEEtaonc: 3 opsc

AITANTHXEIX

OEMA A

Al.

A2.

AmOoIEN epamTopéVNG KOKAOL, 6Y0A1KO BiAio, ceAida 83.

Opiopog mapafoing, oyoikod Pipiio, ocerida 89.

A3. a) AdbBog.

B)Ta k40e x € R yvopilovpe 611 x% > 0 ondte omd v ekicwon g mapaforig

x? = 2py npoximter 2py = 0. Epocov p < 0 ko y # 0 wpéner y < 0 dpa to
onueio M(x,y),y < 0 g napaforng 6o Bpickovtar ota 32, 4° tetaptnudplo
Kol Oy ota 12, 29 Tov KaPTEGLOVOL GLGTNUATOC aEovmy XOY.

YmoTto

. AdBog
. AdBog
. ZMOO0TO

. 2O0TO
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®OEMA B
Bl.a)’Exovusc?-(&’+2}§):—3<:>552-|—2&’-E:—3<:>
@2 +2&-f=-3o3+2i-f=-3e2i-f=—6<
i f=-3.
o to |ﬁ| gpoops: @ - f = —3 & |c‘f|-|ﬁ|-avv1200 =3

VBB (-3 =3 = Al = &= Il =243

2
B) Avtikafiotovrog oty eEicmon g TapafoAng maipvove:

y2:_4aﬁ.xﬁy2:12-xon()r82p=12=’p:6-

Apa E (2,0) = (3,0) ka1 n dievbetovon §: x = —g = x = -3.

B2. H &ficwon g epantopévng g mopafoAns 6to A(l, 2\/?) elvan
, 3
Yy =p+x)fiy-2v3=6-x+Dey=72+1)
ey =+3x +/3.

O ocvvieheotiic devBuvonc e eivon A =+/3 omdte, av w 1 yovia 7OV

oymuatiCet pe Tov aEova x'x Ba éxovpe pw = 3 kot w = 60°.

B3. Twy=0¢ovue0 =v3 -x++3 < x =—1. Apa B(—1,0).
Axoun A(l, 2\/?) kot E(3,0) ondre:

(AB)=J(1+1)2+(2\/§—0)2=\/4+1 =4

(AE):J(3—1)2+(2\/§—0)2:\/4+1 =4

(BE)=y(3+1)24+0=14
A@ob (AB)=(AE)=(BE) to tpiyovo AEB &ivol 1c6mlevpo.
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B4. H evbeia OA Siépyetanr amd v apyf tov a&ovov 0(0,0) ko to onueio

A(L,2V3)6pay=a-xq2V3=a -1 a=2V3.
Apa (0A):y = 243 x.

; =2 X o -
[a to onueio F{ V3 { 6\/_ Apa F( 3, 6\/_) Kol

x=-3
_ YEZYr _ Z6¥3-0 _ V3

XE—XI - 3—(-3)

Enedn A, = /3 &ovpe (¢)//TE .

OEMAT

. [ 3x—y=1 5x = =5 x=-1
I'1. erocmustoK.{Zx_l_y: —6(:){)/: 3 — 1(:)%/: _4
Apo K(—1,—4), onote A(—1,4) xau M(1,—4).
—4—-4
1-(-1)

= —4 onote

Mo v eélooon e evdeiag AM: Ay =

y—4=—-4-(x+1) ®y=—4x.

A(—1,4) .

A J

K(—1,—4) ’M(l' _a)

(KM)-(KA) =2-2-8=81p

NIH

E:%-ﬁv:

( Evodhoxtid E = - " |det (KM, KA)| = =81u)
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GIE| B’ ®ATH -
I'2. Oewpovue to dtovocpaTa 531 = (-1, —3),52 = (1,—-2) mapdrinia mpog TIC
evbeleg &, &, avtiotoyya. H ofela yovia @ tov gvbeidv & kot & elval ion i
TOPOATATNPOUATIKNY TNG YOVING TOV J0VUGUAT®V 51, 52 omoTE :
51 * 62 - |61| " |62| " JUV((Sl, 62) =
s = 5
146 =v10-V5-ovv(6,,8,) © ovv(6,,8,) = —— <
( 1 2) ( 1 2) m . \/g
STFN E . 0
ovv(8y,68,) = ~ = =45°.
I'3. Twy=0omve2x+0+6=0<x=-3

Apo I'(—3,0).

‘Eoto A(x,,V,) (nrodpevo onueio. Apov A onueio g & O 1oydet

30 —Yo=1(1)
Eniong ta onueia I', A, A givon suvevbelaxd < A // TA & det(m, ﬁ) =0
OuwgTA = (=1 —(=3),4— 0) = (2,4) ko

TA = (xy+ 3,50 —0) = (%0 + 3,0)

2 4

Xo+3 Vo =0

Apa det(ﬁ,ﬁ) =0

S 2y —4x,—12=0<
—2x0+ Yo =6(2)

3x0_y0:1<:>{x0:7

Ot (1) kou (2) divoov : {—ZXO Yy, =6 v, = 20

Apo A(7,20).
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I'd. To M(x,y) elvawonueio g e, 1 &, <
3x—y—-1=0M2x+y+6=0<
Bx—y—-1)-2x+y+6)=0c
6x° +3xy+18x —2xy—y*—6y—2x—y—-6=0<
6x2 —y:+xy+16x—7y—6=0.

OEMA A
Al. x*+y*+(A+6)x+BA+4)y+3-21=0(1)
‘Exoope A =A+6,B=314+4T =3 — A xu
A2+ B> —4'=(14+6)2+(B31+4)*—43-1) =
=24+ 1244+ 36 +92° + 242+ 16 — 12 + 41 =
= 10A* + 401 + 40 = 10(A* + 42+ 4) = 10(1 + 2)*
Mo A # —2 gtvon A% + B? — 4T > 0 dpo. yio A # —2 1apiotdvel KOKAO

, ( A B) ( A+6 3A+4) ,
perévipo K | ——,—=) = | — , — KOl OKTivoL
2 2 2
_ VAZ+B2-4r _ J10(A+2)2 _ V10-|A+2]
B 2 B 2 2
O¢étovragomv (1): x = =2 xou y = 1 éyovpe

(-2)2+1°+(A+6)(-2)+(31+4)-1+3-21=0«
©5-24-124+34+4+4+3-A=00=0

Apa to onueio A(—2,1) givon kowvd onueio tov Kok (1).

A+6 3A+4
A2. TaKévrpar(oVKl')Kkmvs{va(— T ), A+ =2
, A+6 30+4
Exoope X = ——— xuy = — o
2 2

@{ _ 3A+4<:>{ _ 3(—2x—6)+ 4

B 2 B 2
. —6x—18+4 |
ApayI—Tny:3x+7.
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B" ®AXH

A3.

OpogA # —2dpa—2x — 6+ -2 = —2x #4 & x + —2.
INox = —2 noipvoope y =3(-2)+ 7<= y=1.

Apa 0 YE®UETPIKOG TOMOG TOV KEVIPOV T®V KOKA®MV €ivol Tol onueio g
gvbeiog y = 3x + 7 ektdg Tov onueiov mg A(—2,1).

H gvbeia (§) epdmreton og kdxho mov opilern (1) d(K,{) = p (2).

1
(iy=—zx+7o3y=—x+21ox+3y—-21=0

3
A+6 31+4 10-|A+2
TOK(— ,— ), = V10242 ondte
2 2
A A
RPN s G QU B
V2132 =T 2
—1—6-—91—12—42
| 5 |_vio-n+2l
V10 2
—101— 60| V10|11 + 2
(:)l l: | |<:>10|)L-|—6|:10|A+2|<:)
2V/10 2

A+6=A4+20A4+6=—-1—-2 < adovamni=—4.

Mo A=—4 é&ovue Ci:x?+y*4+2x—8y+7=0 pe K(-14) xo
p =+/10.

A4.’Ecto M(a,0) onueio tov x'x GEova. H uéytomn andotoon tov M and onueio tov

Cy givan

dmax = (KM) +p = /(a+ 1)2+ (4—0)2 + V10 =
J(@+1)2+16 +V10

Ondte dmax >5+vV10  /(a+ 1?2 + 16 + V10 > 5+ /10
e @+1)?+16>255o(a+1)?>9< |la+1]>3
csa+l>31a+l<-3=a>2Ma< -4

Apo ta onueio M(a,0) tov x'x dEova Ba Eyovv teTumuévn

@ € (—o0,—4) U (2, +0).
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