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AITANTHXEIX

OEMA A

Al.  Amdoelln empeploTikng 010TNTOG OTO ECGMOTEPIKO YIVOUEVO OOVUCUATOV,
oyolko PipAio cerida 43.

A2. Opioudg ecoteptkod ywvouévov, oyoAkd Pipiio oceA. 41. (Agv (nreiton o
OPIGUOG GTNV TEPIMTOOT TOL £VOL TOLAGYIGTOV O1AVLGHA Eivol UNOEVIKO).

A3. ) AdBog
B)  Agob @ - B ko |@|? mpoypoticol apdpoi pe |@|? # 0, 1o KAéoua
a-p
|al?
elval Tpaypotikdg apOuog, dpo to yvopevo
@ p
1

C‘EZ

elvar dtvoopa.

A4. 1. AdBog
2. AdBoc
3. 20010
4. AdBoc
5. AdBog
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OEMA B
B1. O ovvtekeotic d1e00vvong ¢ evbeiag (g) eivar
_YB_YA_Z_O__
R’AB_.XIB_.X'A_0_2_ 1
Ko 0pov M () diépyetar amd to A(2,0)
gpoope y —0=—-1-(x—2)oy=—x+2(e).
B2.

To 0(0,0) givar t0 KEVIPO TOL TOPUAANAOYPAULOV Gpo. LEGO TNE Sloymviov

BA, ondte av A(x,4,¥4) Oa 15000V :

Xp + X 0+x
X, = 32 3= ZA‘:’xA:
+ 2+
}’o:yB }’A{:)O: yA©y42—2
2 2
Apa 4(0,—2).
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o3 A’ ®AZH —
AV M(xy, V) 10 péco g mhevpdg AA Ba 1oyvouvv
Xt x, 240
METTT T2 T
Ko
Vi :}’A+}’A :O+(_2):_1
2 2
ondte M(1,—1).
O ovvtedeog g AA glvat
— —2-0
Aas :ij—i}j: 0—2 |
omote OV A O oLVIEAESTNG O1evBuvong g pecokaBétov Ba  1oyvet:
Ay =-—1
apa A = —1.
H eficwon g pecokabétov agod diépyetar amd 1o M(1,—1) war éyel
ovvtereotn devbuvong A = —1 Oa sivau:
y—(-D=—-1-x—-1ey+l=—"x+1ley=—x

7oV givo n dryyotopog 21, 4" yoviag twv aEovov.

B3. H evbeia ndvo oty omoia Bpioketor n mievpd BI' eivon mapdAinin tpog v

evbela g mhevpag AA dpa €xel tov 1010 cvviedeotn devbuvong omoTe
A=A = 1 ko agod diépyetar oo to B(0,2) Oa éxet e&icwon

y—2=1-(x—-0)eoy=x+2
To pétpo |ﬁ| elval 100 pe To PNMKog TG TAEVPAG TOV TETPAYMDVOL Pa.

|BF| = |4B| = J(2—-0)2+ (0-2)2 =vV4+4=8=2-2.
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B4.

H gvbzia (g) éxer ovvtedeotn dievbvvong A = A5 = —1 dpa e = —1 kot apod
0° < @ < 180° Ba &yovpe @ = 135°.

1. E-ﬂ:OylatiElﬂ
il. Ta davoouata BT, A4 sivan avtippoma ondte M Yovia Tov oynuatiCovv givat
180° apa BT - A4 = |BT| - [44] - ouv180° =
=2v2-2VJ2-(-1)=-8
iii. AQov AM 1L AT EYOLLLE OTL (m) = ¢ = 135° pe ovvep = —? omoTE
4B - AM = [4B| - |AM| - cove =
:2@.\/5.(_?):_2.\/2
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il B
%LI% EHANAAHHTAIWKAAZ S‘)EMATA 2022 E_3.MA20(0)
OEMAT
I'l. Dvopilovus ot @// f < det(&,ﬁ) =0 |x +1 * l=o0
—4x —x-1
o x+1D(—x—-1) —x(—4x) =0 —(x+ 1)* + 4x? © —x? — 2x — 1 + 4x?
—0e3x?2-2x—1=0
A=(-2?-4-3-(-1)=4+12=16 >0
Apa
2+4
244 2+4) 5 1
273776 J2-4 1
6 3
(1)
Axoun
plyep-y=0(—4x) - x+(—x—1) - (-2x) =0 & —4x* + 2x* +
=0 2x(—x+1)=00x=0f-x+1=0
x=0Mx=10Q2)
Am6 (1) kot (2) 1 KON T Tov X oL Kavomotel Kot Ti¢ dVo oyéoelg d// E Kol
B Lyeivanx=1
2. Twx=14éovue E = (—4,-2) xry = (1,-2).

‘Eoto mpaypatikol apBuoi k, A dote

S=K-B+A} & (=31 =k(—4,-2)+A(1,-2) &
(—=3,1) = (=4, —2K) + (A, —21) < (=3,1) = (=K + 1, —2Kk — 22)
{—4fc +A1=-3 o {—8K+ 24 = -6
—2k—21=1 —2k—21=1

[TpocHétovtog katd pEAN T1Ig dV0 EEIGMCELS TOPVOLLLE
—0k=-5oKk=—"ocK==-

-10 2
Me avtikotdotaon Tov K Taipvoupe
~4k+Al=-3o -4 +l=-3o1=-3+2o1=-1

Ap(xg: ﬁ—]‘/’

N =
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[GE A’ ®AZH —
I'3. O ovvteleotg devBuvong Tov OAVOGUATOC 5 sivon A = o= omoTE 0
ocuvteheatng TS evbeiag (€) wg kKABeTNG 61O & 0 sivor As = 3.
AoV M gubeia (g) diépyetar oo 1o A(—1,2) Ba &xw
y—2=3x+1)ey=3x+3+2<y=3x+5
4.

Bpickovpe ta onpeio Topng g evbeiog (€) pe tovg dEoveg.
Me tov x'x : O¢tovpe y = 0 omdte x = —g .Apa B (—g, O)
Me tov y'y : 0étovpe x = 0 omdte y = 5. Apa I'(0,5).

To tpiyowvo OBT givan opBoydvio oto O omdte
5

1 1 1
E :E-ﬁaan -Uwogzz(OB)(OF) =5 (§)'5 =g TH
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OEMA A

Al.  Agova- ﬁEIP&ns&wcoGn (a [)’) +2- ﬁ—3=098c0p8imtrpw')vvuo e
dyvooto 1o a - ﬁ
Btord=22—4-1-(-3)=4+4+12 =16 xm
—2+4
. 3z —2t4 2
©Ghe=57" 7V 2-4 -6

Apob 1 yovia (cx ﬂ) elvar apPieia n Adon E 1 > 0 amoppintetar yioti
<0

a-
dMiwvel ovv (a: ﬁ) > 0 evo mpémel guv (a: )
Apod-fi=—

A2.
Agov d - f = —3 10 Siévvona AT yphostar AT = —3 - @ + f3.
["a to ditdvuopa BT EYOLLE :
Bl =AT —AB = —3d+f — (@ —f) = —4d +2f
I"a 1o dtdvooua BM ™G dapécov g Al oydet

-

— BA+BI' —(@a-p)+(-4a+20) -a+f—4a+2p

2 B . 2 B 2
_ —5a+3p
B 2
["a to pétpo
—5a + 38
=

Oa vroAoyicovpe T0

~ (—5& + 3E)2 252 —30af + 95 _
2 ) 4 B

_5q+ 33|
2

- —)2
25|@|1> —30-@p +9|p| 25-22-30-(-3)+9-3% 271
4 - 4 )

Apa
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. |-sa+38] [271 V271
|BM| = —Sat3p = |[—=—"=
2 4 2
A3. 'Exovpad’+23+\/7-]7=6@\/7-]7= —55—25’3=>
V7 -7| = |-& — 28| & V7 - 7] = |@ + 2|
KoL EMEWON o VO HEAT €fvor pUn apvnTIKA, 1IG0OVVOLO TO{PVOVLLE:
-2 =\ 2
(V7171 = |d+28] = 7177 = (@+28)
7712 =a+4df +4p* < 7 1712 =22 +4- (-3) + 432
o7 y*P=4-124+367-y?=28< |y|?=4
Kot enedq |y] = 0 éyo y| = 2.
Ad. Eyovpe 7% = |¥|* = 4 xn

la(@—F)]-d=(a2-af) a=(4—(-3))-a=7a
En{cmg|6i-ﬁ| B =1-3|- 8 = 38 épa 1o S1évvopa ¥ yphestal
=48 —-7d-3F=-7d+f

]
|

EwAB+%¥=a—f+(-7d+f)=-a—-f—7a+f =—6a

Apa (E +X)//d xou eneidn —6 < 0 &xo (AB + #) 1l @.
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