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MANEAAAAIKEZ EZETAZEIZ " TAZHZ HMEPHZIOY NTENIKOY
AYKEIOY KAI ENAA (OMAAA B)
AEYTEPA 20 MAIOY 2013
EZEETAZOMENO MAOHMA:
MAOHMATIKA KAI ZTOIXEIA ZTATIZTIKHZ FENIKHZ MNMAIAEIAZ

OEMA A
A1. Na amodei¢ete 611 N Tapdywyog TNG TAuToTIKAG ouvapTtnong f(x)=x eivar f '(x) =1,
yla Kafe xelR
Movadeg 7
A2. '‘Eotw pia ocuvaptnon f pe medio opiopou A. MoTe Aéue 611 N ouvapTtnon f TTapouciadel
TOTTIKO EAAXIOTO OTO X, € A ;
Movadeg 4
A3. Na dwoete Tov opIopud TNG diauéoou (8) evog deiyNaTOS vV TTAPATNPACEWV.
Movadeg 4

Ad. Na xapakrtnpiocere TIC TTPOTACEIC TTOU akoAouBouv, ypdeovrac oro TETPAOIO OdC,
OiTTAa oT0 ypduua mou avrioToIXEl O KGO TpdTaon, 1n Aéén ZwoTo, av n mporacn
eivar owartn, n Aa@og, av n mpdraon givar Aavlaouévn.

a) [Na Tn ouvapTtnon f(x):%, x =0 1ox0el OTI f'(x)=7 (Movadeg 2)

B) Tla 1o yivépevo duo TTapaywyicihwy cuvaptioewy f, g 1oxuer Ol
(fx)-g(x)) = "(x)-g(x) + f(x)-g'(x)

(Movadeg 2)

Y) To papBdoypauua XpnOIMOTIOIEITAI VIO TN YPAQIKN TTAPACTOON TWV TIHWV HIOG

TTOOOTIKNG METARANTAG. (MovadEG 2)

0) H didueocog civar éva pétpo B€ong, 1o omroio emmnpedleTal aTmd TIC AKPAIES

TTOPATNPEAOCEIG. (Movadeg 2)

€) [a duo evdexopeva A kal B evog deryparikou xwpou Q pe A < B, 1oxuer omi

P(A) > P(B) (Movadeg 2)

Movadeg 10

OEMA B
Aivetal 0 SelYHaTIKOG XWPOG Q= {w,,w,,w,,w,} Kal Ta evdexdpeva A ={w,w,} Kal
B = {w,,w, }. MNa Tig mMBavoTnTEG TWV ATTAWV EVOEXOHEVWY {W, } Kal {w,} Tou Q 1oxUEe! 6TI:

. P(ou1)=——l X2+ X+1-1

21 x% 4 x?
e H P(w,) eival ion ue 1o pubud petaBorig Tng f(x) wg mpog x, étav x =1, étmou

X
f(x)==Inx, x>0
(x) 3
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B1. Na amodeigete 611 P(w, ) = 7 P(w;)= 3
Movadeg 10
B2. Na atrodeiteTe OTI % <P(A) < % o1Tou A’ TO CUNTTANPWUATIKG Tou A.
Movadeg 7

B3. Av P(A')=%, TOTE Vo Bpeite TIg MBavéTTEG P(W,), P(w,), P[(A-B)U(B-A)] kai

P(A’—B’), otrou B’ 10 cuptTAnpwuaTiKG TOoUu B .
Movadeg 8

OEMAT

Oewpoupe €va deiyya v TTAPATNPACEWY MIAG OUVEXOUG TTOOOTIKAG METAPRANTAG X, TIG
OTT0iEG OpadoTTOIoUNE O€ 4 1I00TTAATEIG KAAOEIG.

Aivetal Ot

e I MIKPOTEPN TTAPATAPNON €ival 50

® 1 KEVTPIKI) TIUN TNG TETAPTNG KAAONG gival X, =85

e N OXETIKA ouxvOTNTA TNG TETAPTNG KAAONG €ival dITTAGCIA TNG OXETIKAG OUXVOTNTAG TNG
TPITNG KAGONG

N SIAPECOG TWV TTAPATNPNOEWY TOU dEiyuaTog gival d =75

Kal

e N MEON TINA TWV TTOPATNPEACEWY TOU deiyuaTtog gival X = 74

M. Na amodeitete 611 TO TTAATOG €ival ¢ =10

Movadeg 4
2. Na peTa@EpeTe 0TO TETPADIO OAG TOV TTAPAKATW TTIVOKA CUPTTANPWHEVO OCWOTA

KAdoeig KevTtpikég TIHEG X, | ZXETIKN ZuxvoTnTta f

[.-)

[.-)

[.-)

[.-)
2 UVOAO

Movadeg 8
r3. Aivetaiomn f,=01,f,=03,f,=0,2kai f, =0,4
Na atrodeigeTe OTI N HEON TIKA TWV TTAPATNPACEWY, TTOU €ival HIKpOTEPES Tou 80, cival
200
3
Movadeg 7

4. EmA£youpe K TTOPATNPACEIS TOU APXIKOU OEIYUOTOG PE K < V, Ol OTT0iEG aKOAoUBoUV
KAVOVIKA KOTAVOUN ME
e 710 2,5% TWV TTAPATNPEACEWV AUTWYV Va gival TOUAdYIOToV 74

2



A

SN TIZTHRIA

FINIAD >
rkogn 14-ABiva s TnA : 210.64.52.777

e 10 16% TWV TTAPATNPEACEWV AUTWYV Va gival TO TTOAU 68
Na Bpeite TN PEON TIPA KOl TNV TUTTIKA ATTOKAION TWV TTAPATNPACEWY AUTWV KaBWG
Kal va EETACETE AV TO OEIYUA TWV TTAPATAPHOEWV AUTWV EiVAI OPOIOYEVEG.

Movadeg 6

OEMA A
Otwpoupe TN ouvaptnon f(x)=xInx+k, x>0, O6TOU K aKépalog pe K > 1 Kal TNV
e@aTrTopévn (€) TNG yPa@IkNG TrTapaoTtaong TG f oto onueio (1,f(1)) , n otmoia oxnuaTider ye
TOoug Agoveg, Tpiywvo eupadou E, pe E <2
A1. Na amodeiteTte 611 K =2
Movadeg 5
A2. EOTW X;,X,,...,Xg, Ol TETUNEVEG 50 oOnueiwv NG (€) Twv OTTOIWV O AVTIOTOIXEG
TETAYMEVEG TOUG €XOUV Péon TIUN Y = 31
a) Na arrodeigeTe 011 X = 30 (Movadeg 2)
B) A TIg TETUNPEVES TWV TTAPATTAVW CNMEIWV BEWPOUE OTI :
Ka&Be pia ammod TIG TETUNUEVEG X, X,,...,X,, QUEAVETAI Katd 3, ol €moueveg 15
TETMNUEVEG TTAPAPEVOUV OTOBEPES Kal KABE pia atrd TIG UTTOAOITTEG EAATTWVETAI
Katd AelR pe A > 0.
Na Bpeite To A, WOTE N véa YEan TIPA TWV TETUNUEVWY va gival ion pe 31
(uovadeg 4)
Movadeg 6

A3. Av %<a<[3<y<e ue a®-BP-yY =e’, 161e va Bpeite To £0po¢ R kal TN péon TiPA

Twv TIHwv f(a), f(B), f(y), f(e), f'[%] , 0trou f(x) =xInx +2

Movadeg 7
A4. Ocwpoupe ToV dEIYUATIKO XWPO

Q:{tn, n=123..,30 : 0<t, <t2<...<t10<1<t11<...<t30=1}
e

ME 100TTiBava atrAd evdexOpeva, KABWGS Kal Ta EVOEXOUEVQ
A ={teQ : n epamTopévn ™G ypa@ikng tTmapdotaong Tng f oto onueio (i,f(t)), va
oxnuarTi¢el ue Tov agova x'x ogeia ywvia},
B={teQ: f(t)>f (t)+1},
otmou f(t)=tInt+2
Na BpeBouv ol TlavoTnTeG:
a) va TpaypaToTroinei 1o evdexopevo A (Movadeg 3)
B) va TpayuatoTroin@ouv cuyXpovwes Ta evoexoueva A kal B (novadeg 4)
Movadeg 7
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